Abstract: With population growth and water scarcity, efficient crop production has drawn attention worldwide. In the Hexi Corridor, the largest production base of maize seed in China, it is desired to develop efficient irrigation strategies for seed maize. Considering the double criteria of yield and seed quality, an integrated water-saving and quality-guarantee uncertain programming approach (IWQUP) was developed in this study to help with agricultural sustainable development. The IWQUP combined deficit irrigation theory, soil-water balance, and multiple uncertainties. The water-flowering model (WFM) and kernel weight prediction model with water production functions were used to reflect the relationship among water consumption, crop yield, and seed quality. Meanwhile, to deal with the widespread existence of uncertainties in nature and the decision-making process, interval programming and fuzzy programming were integrated within the framework of IWQUP, along with the use of the genetic algorithm and Monte Carlo simulation. The results showed that when the climatic condition is moist, decision-makers may use a low tolerance level in order to reduce the water waste, enhance the water use efficiency, and guarantee a relatively high seed quality. When the climate is harsh, a high tolerance level to water use constraints is recommended in order to guarantee yield. In addition, optimistic decision-makers could choose a relatively high tolerance level, but in moist years they should be careful in order to avoid water waste. The established model was compared with three other models to represent its practicability for offering decision-makers various references under different scenarios.
Introduction
With climate change, population growth, and environmental pollution, fresh water has become increasingly scarce across the world [1, 2] . As one of the most important industries and one of the largest water-consuming sectors, agriculture requires more efficient crop production with less water consumption to guarantee its sustainable development and food security [3] [4] [5] . This is a challenge for agricultural water resources management, especially in arid areas with low precipitation and high evaporation rates, such as the Hexi Corridor in northwestern China. In these areas, irrigation is the main activity used to improve crop production [6, 7] . Due to sufficient light and heat resources, the Hexi Corridor produces the largest amount of maize seed in China, accounting for about 60% presented the optimization of irrigation scheduling. The framework of IWQUP is shown in Figure 1 . The related nomenclatures of parameters can be found in Appendix A. 
Water-Flowering Model
The water-flowering model is a simulation model which shows the response of kernel number to crop ET of seed maize during the flowering stage. The model has three modules, including the kernel formulation module, pollination module, and silking module. The details are listed as follows [21] .
The kernel formulation module simulates the formation process of kernels in one ear of seed maize, which integrates the pollination process of male parents and the silking process of female parents. The final kernel number per ear is the sum of the kernels per ear formed on each day during the flowering stage. The pollination module represents the pollination process of male parents during the flowering stage. This module can simulate the ratio of the exposed silks that can be pollinated, which is decided by the pollen density. The pollen density of male plants on day t of year (PDt) is the sum of the pollen density of each batch of male plants on day t of the year. Generally, there are two batches of male 
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The pollination module represents the pollination process of male parents during the flowering stage. This module can simulate the ratio of the exposed silks that can be pollinated, which is decided by the pollen density. The pollen density of male plants on day t of year (PDt) is the sum of the pollen density of each batch of male plants on day t of the year. Generally, there are two batches of male parents.
The silking module simulates the amount of exposed silks available for pollination, which is determined by the female parents. The accumulative number of exposed silks available for pollination on day t of the year (CSN t ) is the sum of the newly exposed silk number and the unpollinated silk number that still possesses viability.
CSN t = SN t + (1 − ks t−1 )SN t−1 + . . . + (1 − ks t−1 )(1 − ks t−2 )(1 − ks t−3 )(1 − ks t−4 )(1 − ks t−5 )SN t−5 (10)
Lower Kernel Weight Prediction Model (LKW)
Besides the kernel number, the least kernel weight is also an important factor for seed maize production. In this study, the lower weight prediction model was used to evaluate the seed equality. The relationship between the kernel weight and the source-sink ratio is fitted by hyperbolic curve and the model description is shown as follows [21] .
where Low m , Low 0 , and k low are the fitting parameters.
In the aforementioned water-flowering and lower kernel weight prediction models, WPFs are used to reflect the response of flowering characteristics and biomass gain to crop evapotranspiration. The parameters such as T f , k f , k e , SN X , TPD, and B are expressed in form of Jensen model and T jStartshed , T jMaxshed , T jEndshed , k jStartshed , k jMaxshed , k jEndshed are expressed by linear functions about the relative ET of the vegetation stage, based on Wang [17, 21] . The two kinds of expressions are:
Jensen:
Linear function:
where F a represents the actual flowering characteristics and biomass gain, while F m denotes the flowering characteristics and biomass gain when the water supply is sufficient. ET a is the actual crop evapotranspiration; ET m is maximum ET under sufficient water supply. ET aV and ET mV represent the actual and maximum ET during vegetative stage.
Fuzzy Programming
In the process of decision-making, some constraints can be flexible, which means decision-makers allow some slack in the constraints to some degree. However, decision-makers will be more reluctant as the slack reaches closer to its limit. When the largest deviation from the constraints is decided, we can quantify the effect of the constraint slack by fuzzy programming. A generalized fuzzy programming can be expressed as:
In order to solve the aforementioned model using a mathematical method, a linear membership function is assumed as follows:
where d j ≥ 0(j = 1 . . . p) is a slack variable, which is defined by the decision-makers. α j is the membership for the j-th constraint. Then, the model can be rewritten as its crisp equivalent:
α Tj is the acceptable membership of each constraint, which reflects the corresponding tolerance degree of constraint slack according to the decision-makers. The higher the value is, the more compact the constraints will be; the lower the tolerance level of slack for decision-makers, the more conservative the decision will be. Based on different tolerances, the corresponding benefits and risks can be shown to the decision-maker for their references.
Nonlinear Interval Fuzzy Programming for the Irrigation Scheduling Optimization of Seed Maize
Based on the above approaches, an integrated optimization model was further developed for irrigation scheduling, which can improve the efficient utilization of limited water resources and guarantee seed yield and quality. Considering the widespread uncertainty in the decision-making process, the fuzzy programming was used to quantify the subjective effect of decision-makers. Moreover, the performance of the simulation model highly depends on the available data. In order to reduce the dependence on experimental data and make full use of statistical data, interval programming was adopted to express the vague characteristics of the biggest actual ET and improve the practicality of the optimization model. Besides, due to the variable nature of the meteorological factor, precipitation was also recognized as an interval number. The model is described as follows.
The objective of the optimization model is to maximize the potential yield of seed maize.
where Yield is the total actual yield of seed maize, t hm −2 ; Y max is the maximum potential yield under sufficient water supply, t hm −2 ; ET i is actual evapotranspiration of seed maize in the i-th growth stage, mm; ET max i is the maximum potential evapotranspiration under sufficient water supply in the i-th growth stage, mm; λ i is the sensitivity coefficient of the Jensen model in the i-th growth stage; i is the number of growth stages for seed maize; and i = 1, 2, 3, 4, 5 represents the establishment, vegetative, flowering, yield-formation, and ripening stages, respectively. Subject to:
(1) Kernel number per ear constraint:
where KN is the actual kernel number per ear, kernel ear −1 ; KN min is the least kernel number per ear allowed by famers, kernel ear −1 . (2) Lower bound of kernel weight constraint: (25) where LowKW is the actual lower bound of kernel weight, mg kernel −1 ; LowKW min is the least lower bound of kernel weight allowed by farmers, mg kernel −1 . (3) Irrigation water resources availability:
where IW i is the amount of irrigation water resources for the i-th growth stage, mm; WA is the available irrigation water resources, mm. (4) Soil-water balance constraint:
where SW i is the soil water content during the i-th growth stage, mm; EP i is the effective rainfall during the i-th growth stage, mm; H i is the planned moisture layer of soil during the i-th growth stage, m; θ WP is the soil wilting point; θ FC is the field capacity.
The model is characterized as having high complexity and multiple uncertainties. In order to solve the model, Monte Carlo simulation and fuzzy equivalence are integrated within the genetic algorithm. The solving process is described in detail in Figure 2 . 
Results and Discussion

Study Area
The study area is located in the Hexi Corridor, northwest China (92°44′-104°14′ E and 37°15′-42°49′ N). The local climate features typical arid characteristics including low precipitation (50-150 mm/year) and high evaporation (1500-2500 mm/year) [9, 33, 34] . The seed maize has five growth stages, including establishment, vegetative, flowering, yield-formation, and ripening. The coefficients of the Jensen model for yield, flowering characteristics, and biomass gain are listed in Table 1 . The coefficients of the day and the rate of pollination are shown in Table 2 . Other initial parameters are as follows. (1) On the first day of the flowering stage, EAPt = 1. (2) The pollen density threshold is PDmin = 100 grains cm −2 day −1 . (3) The silking duration of an individual ear is Tmax = 10. (4) The period of pollen viability is 6 days. According to the statistical data of precipitation, the hydrological years can be divided into high, medium, and low rainfall categories. Table 3 shows the upper and lower bounds of ETm and EP in different hydrological years. The water availability WA, KNmin, LowKWmin and their slack values in each hydrological year are shown in Table 4 . When the climate of a year is relative mild, the groundwater exploitation is restricted to help restore the groundwater aquifer in this region. Otherwise, the groundwater is used as a supplement for agricultural irrigation. The initial soil moisture was set as 75% of its field capacity [21] . According to field experiment by Wang [21] , the maximum potential yield of seed maize under sufficient water supply, Ymax, was set as 5.82 t/hm 2 . Due to the lack of statistical data about seed quality, KNmin and LowKWmin were selected according to farming experience. The tolerance degree was divided into five levels, with 1 to 5 representing absolute strict, relative strict, general strict, relative loose, and absolute loose levels, corresponding to the five memberships of 1, 0.75, 0.5, 0.25, and 0, respectively. The higher the membership is, the lower the tolerance degree of constraint slack for the decision-makers will be. 
Results and Discussion
Study Area
The study area is located in the Hexi Corridor, northwest China (92 • 44 -104 • 14 E and 37 • 15 -42 • 49 N). The local climate features typical arid characteristics including low precipitation (50-150 mm/year) and high evaporation (1500-2500 mm/year) [9, 33, 34] . The seed maize has five growth stages, including establishment, vegetative, flowering, yield-formation, and ripening. The coefficients of the Jensen model for yield, flowering characteristics, and biomass gain are listed in Table 1 . The coefficients of the day and the rate of pollination are shown in Table 2 . Other initial parameters are as follows. (1) On the first day of the flowering stage, EAPt = 1. (2) The pollen density threshold is PDmin = 100 grains cm −2 day −1 . (3) The silking duration of an individual ear is T max = 10. (4) The period of pollen viability is 6 days. According to the statistical data of precipitation, the hydrological years can be divided into high, medium, and low rainfall categories. Table 3 shows the upper and lower bounds of ET m and EP in different hydrological years. The water availability WA, KN min , LowKW min and their slack values in each hydrological year are shown in Table 4 . When the climate of a year is relative mild, the groundwater exploitation is restricted to help restore the groundwater aquifer in this region. Otherwise, the groundwater is used as a supplement for agricultural irrigation. The initial soil moisture was set as 75% of its field capacity [21] . According to field experiment by Wang [21] , the maximum potential yield of seed maize under sufficient water supply, Y max , was set as 5.82 t/hm 2 . Due to the lack of statistical data about seed quality, KN min and LowKW min were selected according to farming experience. The tolerance degree was divided into five levels, with 1 to 5 representing absolute strict, relative strict, general strict, relative loose, and absolute loose levels, corresponding to the five memberships of 1, 0.75, 0.5, 0.25, and 0, respectively. The higher the membership is, the lower the tolerance degree of constraint slack for the decision-makers will be. 
The Optimal Irrigation Strategies
The allocation of irrigation water resources during different growth stages were investigated under different tolerance levels to support irrigation scheduling. The upper and lower bounds of irrigation water allocation of different growth stages are shown in Table 5 . The results showed that the allocated water in the vegetative, flowering, and yield-formation stages constituted a large part of the total water consumption. When there was high soil water content and low evapotranspiration, the water demand of the establishment stage was relatively low, even though the crop sensitivity of this stage can be high, which can also be reflected in the coefficients of the Jensen model. The precipitation in the high hydrological year was ample. As the conditions became drier, the water consumption of the establishment stage increased. The low water amount allocated to the irrigation of the ripening stage was mainly attributed to the low crop sensitivity. Generally, with the increase of tolerance levels, there would be enhanced water availability and a correspondingly increased amount of allocated water. The optimal maximum yields under different tolerance levels in various hydrological years are shown in Figure 3 . As the membership declined, the attainable yield increased in each hydrological year. Such a decrease of membership indicated that the tolerance level of decision-makers increased, with higher water availability and a lower requirement of seed quality. Meanwhile, the attainable yield of the high hydrological year was greater than those for other two years. This was associated with the largest quantity of agricultural water resources. When the membership was 0.5, the highest optimal yield could reach 5.82 t/hm 2 , suggesting that the available agricultural water resources could fully meet the demand for sufficient irrigation. With the further decrease of membership, the obtained yield would not change any more. The highest tolerance level of the upper bound in high hydrological year was 3, and the waste of water would occur if a higher tolerance level was set. However, the lower bound of the high hydrological year increased constantly with the change of the tolerance level. When the growing conditions were poor in a high hydrological year, the tolerance level could exceedWater 2018, 10, x FOR PEER REVIEW 10 of 16 Figure 4 shows the corresponding crop irrigation water productivity (CWP) under different memberships. Among the three types of hydrological years, the high-level year exhibited the highest CWP. For the high-level year, the upper bound exhibited an increasing trend followed by a decrease. The upper bound of CWP reached its peak of 2.04 kg/m 3 when the membership was 0.5. With the decrease of the membership, the CWP began to decrease because the irrigation was sufficient for the highest potential yield and the surplus water would be wasted. A similar trend could also be seen in upper bound of the medium hydrological year, with the highest CWP of 1.77 kg/m 3 at membership 0.5, even though it was still in a water-deficit state. Thus, there are two choices for decision-makers. If water use efficiency is preferred over yield, tolerance level 3 can be selected in decision-making. If yield is preferred over water use efficiency, the highest tolerance level can be selected. Due to the large water consumption, the CWP in the low hydrological year was lowest, although it could increase as the membership decreased. In addition, due to the severe water deficiency, the yield of the lower bounds in all three hydrological years suffered a significant declination compared with the highest potential yield, Ymax, leading to a constant increase of the CWP with the increase of available water. Figure 4 shows the corresponding crop irrigation water productivity (CWP) under different memberships. Among the three types of hydrological years, the high-level year exhibited the highest CWP. For the high-level year, the upper bound exhibited an increasing trend followed by a decrease. The upper bound of CWP reached its peak of 2.04 kg/m 3 when the membership was 0.5. With the decrease of the membership, the CWP began to decrease because the irrigation was sufficient for the highest potential yield and the surplus water would be wasted. A similar trend could also be seen in upper bound of the medium hydrological year, with the highest CWP of 1.77 kg/m 3 at membership 0.5, even though it was still in a water-deficit state. Thus, there are two choices for decision-makers. If water use efficiency is preferred over yield, tolerance level 3 can be selected in decision-making. If yield is preferred over water use efficiency, the highest tolerance level can be selected. Due to the large water consumption, the CWP in the low hydrological year was lowest, although it could increase as the membership decreased. In addition, due to the severe water deficiency, the yield of the lower bounds in all three hydrological years suffered a significant declination compared with the highest potential yield, Y max , leading to a constant increase of the CWP with the increase of available water. Figure 4 shows the corresponding crop irrigation water productivity (CWP) under different memberships. Among the three types of hydrological years, the high-level year exhibited the highest CWP. For the high-level year, the upper bound exhibited an increasing trend followed by a decrease. The upper bound of CWP reached its peak of 2.04 kg/m 3 when the membership was 0.5. With the decrease of the membership, the CWP began to decrease because the irrigation was sufficient for the highest potential yield and the surplus water would be wasted. A similar trend could also be seen in upper bound of the medium hydrological year, with the highest CWP of 1.77 kg/m 3 at membership 0.5, even though it was still in a water-deficit state. Thus, there are two choices for decision-makers. If water use efficiency is preferred over yield, tolerance level 3 can be selected in decision-making. If yield is preferred over water use efficiency, the highest tolerance level can be selected. Due to the large water consumption, the CWP in the low hydrological year was lowest, although it could increase as the membership decreased. In addition, due to the severe water deficiency, the yield of the lower bounds in all three hydrological years suffered a significant declination compared with the highest potential yield, Ymax, leading to a constant increase of the CWP with the increase of available water. 
The Advantages of the Proposed Model
In order to further demonstrate the practicability of the developed model, IWQUP was compared with three other types of models. Based on previous studies in irrigation water allocation, interval programming was selected as a popular uncertain programming method [29] [30] [31] . Firstly, in order to reflect the subjective influence of decision-makers on the irrigation water resources allocation, an interval programming considering seed quality was adopted. This interval programming could be same as IWQUP when the membership of IWQUP is 1. To explore the effect of seed quality simulation on irrigation scheduling, an interval programming without consideration of seed quality or the subjective effect of decision-makers was used for comparison. Finally, a certain optimization model without consideration of seed quality or any uncertainty was compared. The two latter models can be described by the following models (8) and (9) . The parameters of model (9) are listed in Table 6 . The results of the yield from models (7) (membership = 1), (8) , and (9) are shown in Figure 5 . The results of KN and LowKW from these three models are shown in Table 7 . Compared with the results when considering the subjective effect of decision-makers, the strategies derived from interval programming with seed quality were relatively conservative. With the strict obedience to the constraints of water availability and seed quality, the obtained strategy lacked reference value to situations in which decision-makers were optimistic. Meanwhile, since decision-making is a process with much subjectivity involved, decision-making only based on the least risk is not an ideal solution in most circumstances. Therefore, by taking into account the subjective influence to different degrees, the established model in this study can increase the diversity of decision alternatives. Moreover, when ignoring the seed quality, there would be a slight increase in the lower bound of the optimal yield, while the upper bound of the yield would exhibit no significant change ( Figure 5 ). When the available water amount was relatively large, the seed quality could meet the demand automatically. However, when the available water was seriously scarce, the seed quality constraints would ensure the water resources to guarantee quality first and thus the yield would be affected. In reality, high-seed quality is important for farmers as well, due to its high benefit, especially for seed crops. From Table 7 , the great reduction of seed weight resulting from models (8) and (9) can be seen. Although the yield may increase to some extent, the seed quality could not be guaranteed and the corresponding irrigation scheduling would not be acceptable by decision-makers. The results from model (9) showed that the obtained yield was within the bounds of models (7) and (8); therefore, the results of model (7) were reasonable. However, there was only one strategy from model (9) that corresponded to one group value of ET m and EP. The value of ET m and EP would be quite different among different years, even within the same hydrological level. As such, model (9) cannot provide decision-makers with reliable irrigation strategies in the long term. Therefore, the developed model in this paper is more suitable compared to the other three types of models.
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The results of this study provide many implications for irrigation scheduling and water resources management. When the climatic condition is moist, decision-makers may use a low tolerance level in order to reduce water waste, enhance water use efficiency, and guarantee a relatively high seed quality. When the climate is harsh, a high tolerance level to water use constraints is recommended in order to obtain more water to guarantee yield. Besides, the tolerance level to seed quality should also increase and decision-makers need to adjust water allocation among different growth stages reasonably in order to attain the highest yield. Moreover, when the climate is extremely 
Hydrological year
Upper yield with quality Lower yield with quality Upper yield without quality
Lower yield without quality Yield without uncertainty and yield Figure 5 . The comparison of yield from models (7), (8) , and (9). Table 7 . The results from models (7), (8) , and (9). 
Implications for Irrigation Scheduling and Water Resources Management
The results of this study provide many implications for irrigation scheduling and water resources management. When the climatic condition is moist, decision-makers may use a low tolerance level in order to reduce water waste, enhance water use efficiency, and guarantee a relatively high seed quality. When the climate is harsh, a high tolerance level to water use constraints is recommended in order to obtain more water to guarantee yield. Besides, the tolerance level to seed quality should also increase and decision-makers need to adjust water allocation among different growth stages reasonably in order to attain the highest yield. Moreover, when the climate is extremely dry, more measures should be taken to increase agricultural water supply, such as increasing groundwater exploitation and water diversion. When determining irrigation scheduling for seed maize, the water required in the vegetative, flowering and yield-formation stages should be satisfied first when climate is relative moist. The water allocated to the ripening stage should be the first to be sacrificed when the water availability decreases.
The established model can provide decision-makers with a reference of irrigation scheduling for seed maize under different hydrological years. The obtained scheduling takes into consideration seed quality, which is another critical criteria for yield assessment. The interval output that involves the optimistic irrigation water allocation under various scenarios will be useful for decision-making. In addition, the tolerance levels are adopted to quantify the subjective influence of decision-makers. When the climatic condition becomes harsh, a high tolerance level may be beneficial, in sacrificing high seed quality to guarantee the total yield. When the climate condition is mild, decision-makers can set a relatively low tolerance level to achieve high seed quality and reduce water waste.
Conclusions
With the increasing pressure to conserve water resources, water scarcity has threatened the development of sustainable agricultural practices, especially in arid areas. Seed quality is a critical criterion since seed maize is used to produce future maize crops. This needs to be taken into account when an irrigation schedule is made. In this study, an interval fuzzy programming approach considering seed maize quality and soil-water balance was developed to help achieve efficient irrigation scheduling under limited water resources. Based on the deficit irrigation theory, the response of yield and seed maize quality to crop evapotranspiration using three models (i.e., the crop water production function, water-flowering model, and kernel weight prediction model) was integrated within the optimization model framework. Moreover, considering the uncertainty existing in experimental and meteorological data, the interval programming was used to generate an interval outcome under different hydrological years. Considering the uncertainty arising from the subjective influence of decision-makers, fuzzy programming was used and tolerance levels were determined to quantify the subjective decisions. In order to solve the complicated model, the Monte Carlo method was further applied with the genetic algorithm. The developed model was applied in an arid area located in northwestern China. The results show that the outcomes considering various scenarios will be of great value to decision-making. Meanwhile, the results can help develop appropriate strategies for agricultural water resources management under the conditions of climate change. For example, the decision-makers can improve the tolerance level to guarantee yield. This approach represents a unique contribution to irrigation scheduling in arid areas. Kernel number per ear forming on the t-th day of the year kernels ear −1 t
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